■m $i 

Num. II. 

Ejusdem 

THEOREMATA 

circa redudtionem formularum intcgralium 
ad quadraturam circuli. 

Lemma 1. 

I, TN circulo cujus radius eft z= i> & femiperipheria “ it 
I fit anguli cujusvis s finus “ a-, erit eadem quantitas 
x finus omnium 1 arcuum in hac ferie infinita contem 
torum: 

j; % — s, 2 % -4- s-j 3 % — 4 % -4- /;$«■ — /; &C. 

Prceterea vero x erit finus omnium arcuum negativorum in 
hac fine contentorum. 

- ar — /; - 2 sr ~h ~ + -?»*—/; &c.' 

Corollarium 1. 

at. Si igitur / denotet numerum quemcunque integrum affir- 
mativum, erit tam arcuum omnium in hac exprefiione con- 
tentorum + a / ar -f- s , quam arcuum in hac exprefiio- 
ne + (j i + 1) ir - j contentorum idem finus commu- 
nis X . 

, Coroll. 2. 

3. Cum angulorum negative^ fumtorum finus fiant negativi, 
erit angulorum in hac forma * 2 i w — s contentorum fi. 
nus=-.v; angulorumque in hac-.forma, + ( a / — | — 1 ) ^ — | — x 
'Contentorum finus ~~.Tfiquidcm anguli / fuerit finus f— ***• 

M 2 Lem- 
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Lemma 2. 

4. In circulo cujus radius — i, & femiperipheria ” t , fit an- 
guli cujusvis / cofinus — y y erit eadem quantitas y cofinus 
omnium angulorum affirmativorum in hac ferie contento- 
rum. 

fy 2 w — 2 7 T -f- ;; 4 t 4 tt — |- /5 6 tt — &c. 

pariterque eadem quantitas y erit cofinus omnium angulo- 
rum negativorum in hac ferie contentorm. 

— Jy2TT~ 1-j; — 27T— S'y —4 — 47T— fy — 6 7T~\ j-J y &c. 

Coroll. 1. 

5. Si igitur i denotet numerum quemcunque integrum affir- 
mativum, erit omnium arcuum in hac expreffione generali 
* 2 i % * s contentorum idem communis cofinus ~y, 

Coroll. 2. 

6 . Quoniam anguli duobus re&is feu arcu it aufti five mi- 

nuti cofinus fit negativus, erit omnium angulorum in hac 
forma + (ai + 1) 4 ; idem cofinus zz — y } fiqui- 

dem anguli / cofinus fuerit “ -f- y* 

Lemma 3. 

7. Iisdem pofitis, fi t fit tangens anguli V, erit quoque t tan- 
gens omnium angulorum tam affirmativorum quam negati- 
vorum in his duabus feriebus contentorum. 

Sy %-\-5 y 2 7- 1— Sy 3 7T — |— S y 4 W —j— S *y J 7T — f— Sy &C. 

— W-\-Sy ~27T~\~S'y — — 47T— I— — 5^-1-/; 8CC. 

Coroll. 

8. Denotante ergo i numerum quemcunque affirmativum, 
•ric omnium angulorum in hac expreffione + i % -|- / 

conten* 
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contentorum eadem communis tangens t \ angulorum vero 
+ 3* — / tangens erit ~ — r; fiquidem anguli / tangens 

fit — H- t. 

Problema. 

9. Invenire radices hujus aequationis infinitae 


:z~ 


&c. 


*A3* u 5 . 4 . 5 . i.=- j- . . . 7 

Solutio. 

Si z denotet arcum circuli radii rr: 1, erit x ipfius finus. 
Ponamus ergo arcum, cujus finus fit ~ x, efle /, erunt in- 
finiti ipfius z valores in bis duabus feriebus contenti. 

Jj 7T /y 2 7T S y 5 ?r — Sy 4 , Jj 5 "X — /j &c. 

— TT—fy —lx + j-y — 3^ — /; -43* + —5 «■— *> &c- 


£L E. J. 

Coroll. 1. 

10. Si igitur aequatio propofita in hanc formam transmute- 
tur. 

o~i — 2 h- z 3 — 3 J -h z 7 — &c. 


I.X 1.1.3..» I 3.3.4.^ * 1.3 7.* 

ejus habebuntur ft&ores numero infiniti fcqucntes 
(t~ = Vi + g Yt- = >( 14 ~ g 

< tt—i ' 7 4- ^ 2 7 T-\-sS 1 ~~ l' 3 7T-H/ 

&c. in quibus fa&oribus lex progreffionis facile perfpicitur. 

Coroll. 2. 

11. Cum igitur coefficiens termini fecundi in produfto ;c- 
quetur fumma: coefficientium ipfius 2. in omnibus fa&oribus 
erit. 


r 



/ 




1 


— + — &c. 

ST+i 3 7T — / 

Co* 


X 


I 

9T'— j 


W-f- i 


— r 

M 3 
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Coroll. 3. 

12. Sit / “ — s* ; ita ut fiat x rr fin A. — n erit ierie 

n 7 n 


per — multiplicata: — 
r n r • 7 nx 


L.+ ' 


m 


n—m tr\~m 


+ 


+ 


3 n—m 


— &C. 


2 u—m zn-trm 

Coroll. 4. 

13, Quoniam coefficiens ipfius z 2 in produ£to,qui eft 0, 
xquatur fummae fa&orum ex binis coefficientibus ipfius z in 
fa&oribus, haec vero fumnn biftumta aequalis eft quadrato 
fummae iftorum coefficientium demta fumma quadratorum 
eorundem, erit: 

(ZTT—fj 2 + (2^4-J-) : 


7 / 

XX~SI (tt-i) 


+ 


(srfv) a 

Coroll. 5. 


+ &c. 


14, Pofito ergo iterum / “ s-, ut iit ^ r iin A. —■> 


prodibit ifta fummatio : 


7T IT 
711} XX 




(2«+w) : 


& c ; 


m 2 2 (v_pw ) 2 (2;;— /w ) 5 

Scholion. 

ij. PofTem hoc modo ultra progredi, atque fummas ahio- 
rum poteftatum determinare, quoniam vero l?oc alibi jam 
feci, atque ad inftitutum noftrum hae teries fufficiunt; ulte- 
riori inveftigationi fuperfedebo. 


Proble* 


9f 



Problema a. 

1 6. Invenire radices hujus aquationis infinita y zz i 



1(3 3 * 4 



z a 


i. 


S 


&C. 


Solutio. 

Si ^ denotet arcum in circulo cujus radius i, erit jv hu- 
jus arcus cofinus, Quodfi ergo capiatur arcus / cujus co- 
tinus fit = y ; continebuntur innumerabiles ipfius a valo- 

* ^ 

res in binis fequentibus feriebus; 

-{-zv—sj + 47-/5 + 47 + ;) &c. 

— Sj — 2.7H-/3 — 27 T — S j — 4^ + S' } — 4 7 T — /5 &C. 


Q,. e. -J. 

Coroll. 1. 

17. Si igitur xquatio propofita in hanc formam transmute- 
tur : 

o “ 1 — z 2 , z 4 z c ' 

— * + — - -j— $?c 

1.1(1-;) (l—f) . 

ejus habebuntur fa Stores numero infiniti fequentes. 

(I- SIN (i - » N.(l— ZZ V t -ss N( I -» N & 

.SSS (Z7T—s) z S ( 27 r^~s) 2 y ( 4 ^— s) z S (47T-hs) 2 S 

Coroll. 2 

18. Cum igitur in produSto coefficiens ipfius zz xqualis fie 
fummx coefficientium ipfius zz in factoribus habebitur fe- 
quentis feries fummatio: 

_J__ — 1 + 1 + l . I + l , 

2 ( I_ -y) SS {Z 7 T~s ) 2 (2 (4 T— /) 2 ( 4 -+/) 2 

&c. 


Coroll. 


p« 

CorolL 3. 

fjf P/J 

19. Ponatur / ” — V, ut fit j ~ coC A. »■ & 1 — > 

, - w' n* . rir 

=: a ( fin. — * ) ; em r — 

' 2 n y ? 2 tjv(i-y) 


m 

n 

7 TT 


4v«(fin A-Wj-)* 
2» 


I 1 j . X I I n 

— I - — - -1 ■ _1 _ - , . L XrQ 

mm (2 n—m) % ( 2 »- 4 *t?;) z (4 n—fn ) 2 (4 Jtrbw) 1 

qua; .congruit cum §. 14. fi modohic loco 2» fcribatur 

Problema 3. 

20. Invenire radices ipfius 2 hujus aquationis infinitae : 


z— z 3 


•* 7 


1.3. j 




1. a 7 


&C. 


I — Z 1 + 

l.S 


— 2 


&C. 


J.1.J4 i.a 6 

Solutio. 

Si * denotet arcum circuli , cujus radius rrr 1 , erit / tan- 
gens hujus arcus, fi ergo fumatur arcus s in hoc circulo 
cujus tangens fit “ r, erunt infiniti ipfius a valores fe- 
quentes. 

;; s + /; 2 y + ;; 3 «r + /; 4 + M 3 "*‘ ^ j &c. 

— 7T + S'y — 27T + - 3 3*+Jj — 4 TT + S) — 5 r + J) &C. 

CL E- J- 

CorolL i. 

21. Reducatur aequatio propofita ad hanc formam 


o ~ i — ^ 


Z 4 


2 5 


1.2 I.2.3./' I.2.3.4 I.2.3.4.5/ 


&C. 

ejusque 


•m & 

ejusque fictores (implices erunt fequentes. 

(i >k(H- Y I+ — 'N&e 

s J 7TSS ir*r$J '17T—SS 2T-bsS 

Coroll. 2* 

22. Cum igitur coefficiens ipfius s in aequatione aqualis fit 
fumma: eoefRdentium ipfius z in.fingulis fatloribus; erit 

_L = J L-j ! —~h— ? h- 

t S 7T—S ^ 5X — J — X 2 5T — X 2T — j — X 3 T— X 

& C. 

Coroll. 3. 

23. Ponatur x zz r ut fit x ~ tang. A jr “ 

* fi fit # ~ fin. A & Sc y rz eof A-— - atque 


?/ 




prodibit (equentis lerie! fummatio : rz — ■ — 

r ’ I7X T7;r 


I 


w 



_I I_ 

77 — j — 7/7 37 ;— CT 


2»-+7« 3 7 / — m 


+- &C. 


Coroll. 4. 

24. Summa quadratorum fi ngu lorum terminorum feriei (22) 
aequalis efi: quadrato fummae ipforum — demta duplici 
fumma fa&orum ex binis, hoc efi: — 1 erit ergo fumma 
quadratorum zz — 1 rz — - — 1 — — . Prodi- 

/X XX XX 

bit ergo uti in §. 13. haec fummatio. 

1 i'i. i . 1 1 

XX X/ ^ (t—/) 2 ^ (T_+_r) 2 (2T — j) 2 (25T^x) 2 

■+- &c. 

O Ttieor e- 


ps 

THEOREMA, i. 

25. Denonante w fcmiperipheriam circuli ^ cujus radius“"i 

fi fuerit * = fin A. r 5 erit Sk±S& = 

n J n x m 


p— q __ p-\-q P~ q | /H~? . P —q __ 

n—m n-\-m m—m 2 n +-/» yi—m yr^m 

&c. 

Demonftratio. 

Si feries §. 12. inventa multiplicetur per p erit 
p P P , 


4 -&c. 


^ — J*- f. 

»jf tn n—m n— f- m 2 n — m '2 »— f-7/1 

Et, fi feries §. 25. multiplicetur per q erit 
y gy_ 1 ■ 1 f ?_ . 1 _ &c 


» n n—m n^~m 2 « —7;/ 1 2 n^rm 

Addantur hae duae feries, prodibitquae feries propofita, cu- 


jus propterea fumma eft rz 


n{p-\-qy) 


n x 


E. D. 


Coroll. 1. 

2 6. fumatur p =z q, prodibit ifta fummatio': 
«•ft-h y) 1 i_ .1 1 . 1 

2»^r m 211— m 

x m 


■— 


at eft — : — tang, 

i-hj 2« 


2 //+7/7 4 // — 77/ 4 //4-772 

ir 3 qux ergo pofito » loeo 2 0 con- 


gruit cum fcrie §. 23. inventa. 

Coroll. 2. 

27. Si q zz: —/>; prodit haec fummatio: 
gfr-.y) — 1 . _ j__ | * _ 


znx 


n—m 


- 77 -H 7 / 


377-/0 


yrhm 


&C. 

at eft 


m 


at eft l -2- — tang. A-. * ; hincque — — = tang. A. 

. X ' J 

(zHLir - :n tang. A. — --- jt, quae feries denuo 

2« y 2 n 

fcripto m loco n—m ad procedentem reducitur. 


Problema 4. 

28. Invenire fummam hujus feriei; 

_L . _J L 1 1 

m ' n—m n + vi 2 n—m 2 tr^m 3 n-m 
& c. per formulam intcgralem. 

Solutio. 


Tribuantur fingulis fra&ionibus numeratores, qui fint pote- 
ftates ipfius quarum exponentes denominatoribus aequen- 
tur} habebiturque hoc feries. 

ftt n—m n~j-m 3 n—m 2 »~bm 

e ~+~z — z — z — j— z — {— &C, 

m n—m rH~m 2 n—m %n-\-m 

quae fa£fco z zz i in illam abibit. Ponatur fumma hujus fe- 

rici zz /; ac fumtis dirferentialibus erit 

Z d S m nm n-\-m ; n-m 2 n-{-m % n—m 

’ ~ ~ ® "—j ■■ Z — Z — Z ^ t — 


&c. quo feries compofica eft ex duabus geometricis eritque 


ideo ejus fumma ~ 


z m 


-yTt—tfi 


zds z m — |— z 

~Jz ~~ 


- m 


l 


* 

& ds 

m-i 


IH-z» 

2 m — 1 — 2 » — W ~ I 
1 + 2»“ 

97 — m — r 


Habemus ergo 

d* 


Confequenter 


/ 


I H~2 


2 , hujus itaque 


ioo 

integralis valor cafu -quo % zz i, dabic fummam fcdei pro* 
pofitae. Q. E. 

Coroll. r. 

29. Quoniam igitur ferici propofitac fumma effc 

7T 7T 7T nt—X n—m— I 

~!Tx — «fin.A. ; erit fin. a. = r±_ +± d% 

n n ^ I 

fi poft integrationem ponatur z — l Hoc ergo cafu inte* 

n*- I 

% 1 % 

grale formulae /-— — — dz ope circuli poteft ex* 

I 1 j 1 V 

hiberi. 

Coroll. 2. 

30. Ponendo ergo loco m & n numeros definitos, habebun- 
tur fequentes integrationes cnfu z ~ 1: 

- ir r 2 d z 

fi m “ I*, n “ 2 erit “ f - — ; 

' 2 J 1 zz 

/* • 2 7T - I— } — Z , - d Z 

fi m — J,‘ » = 3 erit ■ r r 7 - = / — — T dz— f- - 

J y 3V3 J I + Z 3 J I -Z-+-ZZ 

r . 7T I-hZZ , 

fi w — 1: n — 4 erit -777- =r / — r — r d z, 

5 * ^ 2T/2 17 1-r-z 4 1 

~ . 7T r I— 1 — Z 4 , 

fi w — 1; « = 6 erit — ~ / — ; — * ^ z, 

5 3 7 i-4-z. 

quae omnia integratione actu inftituta veritati confentanea 

deprehenduntur. 

Problema, 5. 

31. Invenire fummam hujus feriei: 


x 

m 


I 


I 


I 


I 


I 


m ^ $ 


m n—m ' n-^-m 2 n—m ‘ zn+m 3 « — ;« 3 « 4 - w 

— &c. per formulam integralcm. 

Solutio. 

Conjungantur cum his fra&ionibus numeratores idonei, ut 
ante fecimus, ac ponatur : 


ra «- ra 

: Z 


/f | tfi 


in—m 


2 W+W 


, , * &C. 

m n—m ;/ 4 ~ m 2 n—m 2 « 4- m 

erit utique fafto z ” i, valor ipfius / fumma feri ei propofi- 

tx. Inftituatur jam differen datio, ac prodibit 

2 </x m n—m /;— | — /;/ zn—m zn~rm 

i — 2 — 2 ■ ■ r 2 — I — 2 ■ &c> 


cujus feriei fumma quia exhiberi poteft, habebitur. 

2 ds 


f 7 l 

£ — Z 


m- r 


a— m— i 




I — s» 


, unde fit / ~ 


1 — 2 


n 


dz 


Hujus ergo formula: integralis valor cafu z ~ i dabit fum- 
mam feriei propofitx. E. J. 

Coroll. r. 

32. Per §. 23. eft feriei propofitae fumma ~ 


ir cof h. V —7r 

7 r 7 ry ;/ 

nt nx ;/ fin A- ni 

— 7T 

n 


Quamobrem erit 


m — 1 n—m—\ 


ircof.A^s' 

n £ - a 

«fin. A. m J 1 — z ” 

— it 

n 

grationcm ponitur * ~ i. 


dz cafu quo poft inte- 


0 3 


Co- 


Coroll. 2, 

33. Cafus ergo (impliciores ita fe habebant 

(i « “ i, » 3 3 cnt -=7- — /- — ~ 3= /- 

3^3 *-* 3 






- , . 7 T r (l—z 2 )dz - dz 

fi m — 1, » = 4 erit 33 /— r — 33 A- — — 

J T 4 i-* 4 •'H-z 3 

- , . w r (\— 7 S)dz Ji+zz)dz 

fi - = ‘i * = 6 6r,t ^ = / ™~ = / I+ Z Z+A ' 

qaaram formularum congruentia cum veritate poft integra- 
tionem a£tu inftitutam fponte patet 

Scholion. 

'34. Si in binis feriebas nunc traftatis bini termini in unum 
colligantur, orientur fequentes fummationes. 


7? 


2 t)3 


2W 


+ 


2 m 


2 m 


»^n A. — m a 3 —ta z 4 « 2 — t» 2 9b 2 — w s . i6m s — w* 

& c. 


m 


srcoCA.Vff — J 2W 2 m 2 m 

n fin.A. ”3- m »*—/«* 4«®— «a* 9 »*— w 2 i6s 3 — ;«® 


— &c. 

His ergo ordinatis habebimus duas fequentes feries notatu, 
maxime dignas; 


sr 11 11 1 

' _ — 1 "j * 1 1 1 ■ h- ■ ■ — ■ ■ 1 

2w»finA. ^ sr 2 wot >; a — T* a 4 n 2 —m 2 $n 2 —m 2 l 6 n 2 —m* 

m 

-i- &c. 

1 

xmm 


I 

2 m m 


!TCOf A.~^ 


I 


I 


I 


2*mCinA.?T « 2 - w2 


4 n 2 ~?n z 9;; * — 


2 — 7« 2 


l6n z —m z 


& c. quae fi invicem addantur dabunt: 


— cof A.“?r) t cof. A. ~;r 

4m » fin. A. — 7T 


Aw/zfin.A. 

j fj 


49 n 2 —?n- 


&c. 


a 2 — 7» 2 9/; 2 — 77 ; 2 1 2$v z — m z 

Hasque feries ante aliquot annos cx principiis longe diver- 
fis fum confecutus. 

THEOREMA. 2. 

35. Summa hujus feriei quadratorum. 

1 1 1 1 1 ' I 


m 2 ( ff— w) 2 (/?-bw) 2 (2«—;;;) 2 (2 v-f- w) 2 (3/;— 7») : 


— &C. 

^ 2 cof A. — t 
cft := * 


»»(fin. A.-^-r) 2 


Demonftratio. 


In §. 12. vidimus efie — ? — r— — 


fJ 


I 

7/7 


n-\~m 2 n — A? ztt+m 3 n — m 


n — m 


— &C. 

qux 





qu® squalitas cum femper habeat locum, quicquid fit m f 
differentialia quoque «qualia efle debeat. Differentiemus 
ergo tam feriem, quam ipfius fummam, pofica m -variabili, e* * 
runtque differentialia quoque «qualia. Habebitur autem 
utrinque per dm divifo : 


— 7r 2 cofiA.-”^r 

n 

nn (fin. A.-^-^r) 2 




x 


X 


i 

(zn-i-m ) 2 


~j — &c. 

Mutentur figna, atque habebitur fumma feriei quadratorum 
propofitae. E. J, 

Coroll. i. 

3 6. Evolvamus aliquot cafus fimpliciores, fitque 


m—\ :#zz2teritfinA. — x&cof A. — s* “ o, unde 

7 w n n ’ 

O ZZZ I I £ — T *“{“ tV — TT — TT “f" &c. 

m Vj _ m 

ficw“ i ; H“3;eritfinA. — &coi.A.— ~ ■§■ unde 

* ^ * n z n * 





fitm — i ; 


— i — tV *“h“ tt “ 4 " t? — zif — rhs *“h“ &C. 
m m i 

n~4ericfin A.~T“corA.^TT“ unde: 


I — | — IT — h" tV TT — TTT — TT 5 —h &C. 

Coroll. 2. 

2 7 T 7 T 

37. Multiplicemus feriem -^-y ~ 1 — | — T v — f- T * T -{- 

— zz — t - h &c. in qua quadrata per ternarium 

divi- 


m »f 



divifibilia defunt, per f- — i — f— } — f— ft -f- yl? -+- &c, 

7TVT 

ut omnia quadrata occurrant; eritque zz i — £ -p* 

— T y -h tV — t x t -h *V — &c. cujus veritas jam alibi 
a mc eft demonftrata. 

Coroll. 3. 


38. Cum fit ex §, 14. 


7 T 7 T 

ntjxx 


7 , r it 

nn (fin. ~ r ) 1 


m 2 {n-m) 2, {zn—m)* (2tf-pnyJ * & C ‘ 

erit his feriebus additis ^ (i-pcofA — 7r) — 

w* (zn—m) 2 (zvH-w ) 2 {4;/— w) 2 

quas feries feribendo « Joco zn ad illam reducitur, 

cft enim i-t-cof A^-?r — - j 

(fin. A-j~sr ) 2 2 (fi n . A^-?r ) 2 * 


Scholion. 


39. Summatio ergo in hac propofitione demonftrata dire&e 
deduci potuifiec ex fummatione feriei §. 14. datas. Cum e- 
nim fit 


7T7T I X 1 I_ 

»»(fin.A— sr) 2 ~~™ 2 + (n-m) z + {n+m ) 2 + (2 n-m ) 2 + (*»f m )2 
" 4 ~ &c, 

P erit 






ferit quoque feribendo 2» loco 


5T 7 T 


4;;«(fin.A7^T-) 2 


JTff (l-4-Cof A.— ;r) 

v n f 


20/; (fin. A— 7) 


777 


4- 


(4 w — | — w/) 2 
remanebit propofita 

stjw cof A~ n 


(zn—m) 2 (2»+«) 2 (4»— w) 1 

&c. a cujus duplo fi illa fubtrabatur, 


1777 (fin. A— tt) 
i 


m 1 


( n—m ) 3 ( ;/-f- 7 » ) 2 (2» — m) % 


— &C. 


{ 2/7— {— w) 2 

fimili autem modo ex ferie §. 23, qusc ob figna alternantia 
maxime videtur regularis deduci potefl feries §, ia. exhibita. 


Cum enim fit 


7?Cof.A. ~7T 


n fin. A — 


7V 


&C. 


m n—m n-*rm 211— m 2 n -f- m 3/7 — m 

erit, fi 2 n loco 77 feribatur ttcoC^ i „ 7r ’ 7 r(y^~co€A—x) 


2/7 fi n.A — 7 r 

2 n 


- — h 


m zn—m 2 n+ m 4 n — m 4 n — {— m 

Ab hujus duplo fubcrahatur illa feries, eritque 


2 // fin. A.—n 

n 


— &c. 


7F 


I 


I 


I 


-h &C. 
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n fin ?r 




m 


n—m n+m zn—m 2 n—\—m 


n 


quae eft ipfa feries $. 12. inventa. Simili autem modo for- 
mula: integrales , quae pro his fummis funt inventae ad fe 
invicem reducuntur. Cum enim (32) fit 


zrcofi^ — 


«fin.^— 7 T ^ 1 — 


z — z erit quoque 


in 


Z m 


2 »fin .^— r 
10 


(i + COG/— 7T } x 

s 


m~z 


20— w— I 


2» fin.^ — 7T 

n 

pio fubtrahatur prior, erit 


i — 


2iO 


7 T 


j z > ab hujus du- 


t . 7 Cin.s#—7r 

n 


W“i 3 n—m—l 

j: — 22 


w— 1 


0— m— 1 




B-f-WJ— I 




“ /* 


f~ 


z — z 


n—m— 1 
Z —Z 


1 — z n 

in—m—I 


dz — 


m-i 


-dz =/- 


: dz 


I — Z 2 * I-f- 2 * 

quae eft ipfa integratio §. 29, inventa. Ex quibus pcrfpi- 
cuum eft, omnia, quae ha&enus funt eruta, deduci potuitfe 

ex hac fum macio nc ^ 


n fin .A—* 

n 




m-i 

z 


n—m— 1 


I — z" 


dz — — - — — 
m n — m 


_L 

rr^rn 


2 n— m 


P 2 


108 


2 n + m 3 n — m 3 n + m . 


— &c. Ex qua per dif- 


feren dationem nafcitur. ha:c 


7? 7T 




m 2 3 + (>/+«) 2 {2;;—;//) 2 

qux §. 14. jam eft inventa. 



H- &c. 


Problema f. 

40. Invenire differentialia primi, fecundi, fequenriumque al- 
tiorum ordinum hujus quantitatis 

v cofiA. — 7T 

— pofito m variabili. 

n fin. A.—tt 


Solutio. 

Ponamus brevitatis gratia fin. A ~tt ” x Sc co C A.~ tt 
— y, erit primo y “ V(i — .r^J; tum vero erit dx — 

y ~ ^ dm\ Sc dy — ~~dm. Vocetur quoque 

quantitas propofita , cujus differentialia quaeruntur, 


m 

srcofA. ^ 

a fin. A. ”'CT = V, erit V = 

** * 

n 

ij. . TT 7t [xd y — ydx) — TTTrdm 

Hmc ergo erit d V zz — l — - — -l — i ^ 

n x x nn xx 


ob 


109 


ob xx 


yy 


ideoque 


d V 
d m 


— wn 


hujus porro fumatur difFerentiale , eritque 


nn 

dd_V 

d m 


i 

xx 


7T7T 

nn 


2 dx 


ix 2 7T 3 ydm . , d 1 V vr 3 2ii 

• T* - ’ lde0( l ue 7^ = 1? • 

Quodfi fimili modo fequentia difFercntialia computentur, ita 
fe habebunt. 


V 

— 

-t- 

* J 




;; x 

dV 



7T 2 

d m 



« 2 a- 2 

dd V 



?r 3 

dm 2 

■ ■ 11 

> 


1 ' 

# 3 A' 3 

d 3 V 



fT 4 

d m 3 



» + A' + 

d 4 V 




/«* 

— 

-t- 

n 5 x s 

JS V 



5T ff 

d m 5 



«* x ff 

d 6 V 


+ 

fT 7 

</w 5 


» 7 A' 7 

V V 



fT 8 

dm 1 



H 8 A’ 8 * 


- • 2 y 

(4yy 
■ {sy 3 

(i6y* 

(3 a y H 

(647*4- 

&c. 


*) 

l6y) 

-+ 

■ 4i6y h 

1824 y* ■+ 


16) 

■ w ) 

2 $s 6 y 2 


272) 


Lex progreffionis ita fe habet ut fi fuerit 

d r V «- r- 1 -! v — 1 r— 3 




t-~7 


<//// ;7 ? 4-i iV v4-i ( a y H-fo -HO' H-fy 

4- &c.) 

p 3 


futurus 


r— a 


lio 

futurus fit fequens differentiationis ordo : 

</*+■> V j. sr»-!-* / f 

2w7Ti — — ,77+a *,+, k 2fit ^ 4" (404- (V-I) a) y 

»~4 k -6 r -1 

4 “ (6y+ (v — 5 ) P)y 4 - (8 J-H (v— j) y)y -{-(ioH- (y— 7) J) ji 

+ &c. ) Difierentialia igitur cujuscnnque ordinis ex praece- 
dentibus determinabuntur. Q^E. J. 

Problema. 6. 

41. Invenire fummam hujus ferieir 

1 _4_ 1 , l | i- , 1 . i_ 

(w — ;;)f (jw— 2«)f (t 7 M- 2 s)* (777—3«) * 

4 - &c. fingulis terminis feriei (23) inventae t ad dignitatem 
quamcunque elevatis. 

Solutio. 


Si ponamus fin A — n — x : co £ A ■— vziy ; atque ~ V 

» n y 7 ^ n a\ 

erit ex §. 23: 

V = - H — H - 1 1 — _J *_ -4 ?_ 

m m — « in H- « ;//— 2 /; ;/H-2 n w— 3 « 

-J— &c. Quodfi jam pofico m variabili difierentialia capian- 
tur, prodibunt fequentes fummationes: 


1 1 

>1 
^ 1 

- - i_ 1 i_ _jl_ 

__I_ * I 

I d m 

m 2 (w— ») 2 (?/H- n ) 2 

IT 

1 

M 

it 


+ &c ; 


dd V 

“7 1 *- ^ — J — ^ , , 

4 - 1 

1.2 dm 2 

m 3 (w — n) y 3 

(w — 2ff)* 


4 - y—— — + &c. 

( 7/7 -f- 2 ff J ■» 



I 


X 


X 


dj_ V ___i 

I.2.3 dm 3 w 4 ' (»— «)* 

_i 

( MJ 4- 2 /7 ) 4 

I 

tu 3 ( w — ?;) 5 


</ 4 V __ 1 


1.2. 3-4 


{«/ ■+*//) + 
&c. 

1 


(w — 2 n ) 4 


(7» -+'/;) 5 

~f- &c. 


(w— 2«)' 


(ju~h2n ) 5 
' &c. 

Erit argo fcriei gradus indefiniti propofitscr 


4 - 


_ . . ■■ ■■ |n * i ■ ■ ■ ■■ ■■ * ■■ ~ — ■ 

(m+u) * [m-'2u)* («+2 n) 9 (777—3?;) v 






m 1 ' [m—rt ) 1 

— f- &C. 

^ ^ y — J S, 

fumma n — . At problemate prsecc- 

I.2.3 [v—i)dm*-i * * 

deme valorem ipfius ~~ exhibuimus; quamobrem quo- 
que fummae harum ferierum poteftatum poterunt definiri. 

Qi E - J- 

Problema 7. 

42. Sinum anguli cujuscunque per produ&um ex infi- 
nitis factoribus exhibere. 

- Solutio. 

Cum fit coCA.— r 1 1 1 1 


77; 


v—m 


/7 — | — m 


2ii~ -m 


nfin.A.-r 

n 

&c. traftetur m uti quantitas variabilis, ac multiplicetur 

ubique 


ubique per dm , erit cof A—n — d. fin. A~ n 

^ » * » 

& hancobrem erit dmzn^A.dH-^ d.Gn.A-^-w 


n {in A-HLk 
n 

dm 


dm 

m 


dm 


n—m 


dm 


dm 


(in. A~ t 

n 

— &C. 


»4-7» 2 n—m % n-*rm 

unde integratione utrinque abfoluta erit / fin. A.—it rz 

B 

/ wj— j— / J— / (a — | — ot) — j — / (2 »— m)— l{in — J— m) &c.— J— C 

Conftans C ita efle debet comparata, ut fa£to m ~ 4 », lo- 
garithmus finus fiat — 0, quippe quo cafu habetur finus 
Hoc ergo modo conflante C determinata erit 


totus. 

/ fin. A. — 

n 

y 4>r-f- 2 m 

7 » 

bimus : 

fin. A - ffir 
n n 


2 m 


^ J- rr* 

m 


i 


3 e— a m 


4 - / 


i »- 4 - 3 * 


■ 4 " / 


4»— 2ffl 


3 n . 3 • 

- &c. Unde fi tranieamus ad numeros, habe* 


2 7» 


2 // — 2W7 27 / 4 -27» 4»— 2 m 4 »- 4 - 27 » 

■ ■ — * - 1 1 — ■ — —< • — - p * ---■ 

n 3« 3« 5 n 

Vel fi binos fa&ores in ic ducamus, erit 

47 ;»— 4 »;/;/ 167 ;/;— 4 »? 7 » 36 ;;»— 4 WW 

37 ;« 15 nn 35 7 ;» 

Q. E. J. 


r \ m 2>« 

fiu.A - — 

11 n 


Sc c. 


&c. 


43 - 


Coroll. 1. 

Si loco 21» feribamus m habebimus: 


fin. A — 7T ~ 

in n n 


in-*rin \n—m 4 »4-7» 


7» 


fivefinA. — 
2 » 


.3» 3» 

. 7 » 47 /»— 772777 I^ 77 W — ; 7 W 7 W 

, — • — ^ __ . — - t ■ 1 1 

» 477»-»» 1 6»»—»» 


&C. 


5» i 
36»»-»»» &c 
36»»—»» 

Coroll. 2. 






Coroll. 2 

44. Quia cft fin A — «r zn cofi A erit fi 

^ 277 2 n 

n — m feribamus loco m, ex ferie inventa ; 

n+m 3 n—m 3 » -}- « 

■ • * • - ■ I • 

n 


r K m n—m 

col. A — ^ Zl 

2ZJ Zf 


* n k m nn—mtn 

live col. A — “** ~ 

2 j? »» 


3« 

ytm—mm 
• ' 

9;/» 

Coroll. 3. 


3« 

25 »zr— mm 
25 ra 


&c. 

&c. 


4?. Quoniam eft fin A — v zz 2 fin A — r. cof A — ^ 

ff 2Z7 2Zf 

fi fin A. n dividamus per 2 fin A — v , habebimus 
n r 2 n 


r K m 2 w — 2 W7 

col. A — zz 

27) 2 » — m 


277+2777 


4 2?» 


4;;_I_2W7 


2 n + m 4 zz — w; 4»-!-;» 

&c. & divifo fin A — v per 2 cofiy/— n habebimus: 


zo 


m 


777 r M 777 

-n per 2 cofix/ 

n L 2 77 

271—27)1 277+2)77 4.71—2771 471+2)71 


11 


m 3 n — m 3 n+ m 5 n — m 


fin A —n ZZ 

271 n—m 

& c. 

Coroll. 4. 

46. Duplices itee finuum & cofinuum exprefiiones inter (e 
aquatae dabunt. 

71 n 41171 — 4 mm 9 nn i6nn — 4 mm 


jm — mm 4 ’i n — mm 


9 7i)i — mm 16 nn — mtn 


2 ^nn 


&c. 


2J nn — mm 

Coroll. 

47. Si n capiatur infinitum, feu m infinite parvum erit, 

Q_ fin 


i ‘4 


finA.^-ar r= 'T7 ir > hocquc cafu ex utraque ferie nafcttur 

idem valor ipfius *■ a Wallifio datus. 
vr — 2. 2. 2. 4. 4. 6 . 6. 8 . 8. io. 1 0. ^ . 

I. 3. 3." 5. 5. 7. 7. 9. 9. 11. 

Lemma 4. 

48. Valor hujus producti ex infinitis factoribus conflantis 

a {c~\-b) (j— (-^) (r — 1 — ^ — [ — >^) (a-\-zk) {c-\-h-\-ik) &C. 

b (r — } — /7) (£— M 1 ) {b-\-zk) (c-\-a-\-<ik) &c. 


c — I b—k 

eft — fz fa (1— z * )T 

( — 1 *—k 3 

fx dz.(i—zk )T~ 


(i poft utramque integrationem 


ponatur * — i. 

Problema 8 . 

49. Sinum anguli per formulas integrales exprimere. 

Solutio. 

2 n—m xn+m ^n-tn 


Cum fit fin A.—n ~ 

2 n n 


m 


n 3 n 3 n 

&c. per §. 43. comparetur hoc produftum infinitum cum 
lemmate praecedente, eritque a zz: m - y b ~ n\ k ~ m ^ & 
c H— m m n vel c -4- n “ 2' n — m, utrumque dat czz 
n — m. Hinc igitur fiet 


fin A — fz 
2 n — 


»— w—i 


dz(l 


**) 

:-z ) 


x 

» 


n—m—l i n 


in \- 

T — ~ J 


in 


fz d% (1-2 

fi poft utramque integrationem ita inftitutam ut integralia 

eva- 





evanescant pofito * — o , ponatur s — i. ' * 

ftt 

Cum vero etiam fit per §. 4$. 2 fin A — t rr 

2 m zn-zm zn-hzm ^n—zm „ . 

n—m »+» 3» — m 304-m 

ratione cum lemmate inftituta: a ~ 2wj i"» — w; r 
— m; & k ” a«j unde obtinebitur. 

• — pw-^l — n — m 

t fin A.-^x — /z dz (i-z a ”) TiT 

IV — tf*— I ' 2 17^ IW— » 

/z </z (1— z J * 

fi poft integrationes ponatur z r l Q^E. J. 


Coroll, 1. 

50. Sequentes ergo nanciscimur diverfarum formularum ia- 
tegralium comparationes. 


. w . z 
fin A, — w. /— 
2» ' 




»— «— t 


i». 


(l-Z ) 


aw-f» 

3 IV 


■=/- 


/z 


21* 


& 


V(i-z ) 


2 fin /f. — tt./- 

2« 


»- CT— 1 

Z dz 


2 IV 


n—m 


(t-z ) » 


» — m— 1 

/z £z_ 

217 »-j“» 

(l-Z ) Tn 


Coroll. 2* 

yt. Tum vero fine finus ratione habita InfHtui poteft ifta in- 
tegralium comparatio. 


n — tn—i n~ r*t—i n —fl-l n-fn—l 

z dz % j' Z dz Z dz. fjz dz_ 

, *"y±m' V (l — Z 2W ) 

(t— Z / * (l— Z ' :n ■ (i — Z sn 




Co- 


Ii6 

CorolI; 3. 


yz. Ponamus efTe mfzi & tc. n$ erit fin A 1v ~-v rz 1 atque 
comparationes ita fe habebunt 

r dz * dz o rjjt_ - dz 

•*'zV[i-zz) ^zV(i~zz) 2 J z. ^ z (i—zz) 

quarum scquationum pofteriori duo fpatia hyperbolica infi- 
nita inter fe comparantur. 

CorolI. 4. 

<7. Ponamus efTe m ~ 2 & n ~ 3 erit fin A — * ~ — 

D 2rr i 

unde orientur fequenter comparationes. 
dz 

V( 1-z 6 ) 


r. 

2 


~ -A/fi-iO &c ' y 3-/7T" s - u — 


ex his nascitur i fla proportio: 


i-/- 






/■ 


</« 


= /n 


dz 


(i-s")* — 

CorolI. j. 

??/ 


/7 






54. Sit w “ 1: n 2, ut fit fin^? — »■ — rrr 

7 2» K2 


dz 


-h 


dz - , , r ■ dz , 

&V*- frr^ju — f- 


Vz^(l -* 4 H ~ 

qua: duse aquationes inter fe congruunt. 

CorolI. 6. 


cnt 


dz 


M 4 )* 


55. Sit “ 1, n “ 3. nt fit fin A* — i erit: 
7 3 2» 


1/7 


2^1 


(i-»")# 


= f~ 


zdz 


(l-z e )i 


& /- 


zdz 


(»-**) 


= /- 


zdz 


)l 


quarum 


&§? ”7 

quarum pofterior eft identica, prior autem dat 
f~ 77 ~Z~c \7 — 2 r ~ / ( \_^ T\ > pofico poft integrationem z — 


(1-2 ff )j 


V(l-z c ) 


I, qu$ conditio femper adjuncta eft intelligenda. 

Problema. 9. 

5 6. Expreffiones infinitas, quas pro cofinu anguli it in- 
venimus, ad formulas integrales reducere. 

Solutio. 


m 


m 


Primum §. 44. invenimus efle cof A . — n 
* 2 n 


n—m n— m 3 n—m 


V' 


m 


& c. quae expreffio 


n n 3 n 3 ;; 

cum lemmate (48) comparata dat a r — n — m\ b ~ n\ c~ 
m & k “ 2«, quibus fubftitutis oritur 

cof A. -«■ — f z (? z (t — z ) 


m- i 


fz dz (i — z 


2 n 

J m 


Deinde §. 4$. vidimus efle cofA 


m 


2» 


■it 


2w— 2 m 


271— {-zm 


4 ti — 2 m 


4 «— (— 2111 


8 c c. 


2 n—m 2 11 — | —m 4 11— m 4 n — | —m 

qua expreflione cum lemmate comparata reperietur a “ 
2 n — 2iti , b “ 2 n — m\ c ~ j wj & 1 rz 2 unde 
erit; 


r * ™ jw-i 

cof ^~ ^ — /* £* f 1 


m 

— 2 y a» 


Jm— I 

fi dz ( 

0,3 


ir>\— m 

l—Z J T 


fi poft 


mu ij 8 mu 

fi poft integrationem ponatur z “ i. Q^E. J. 

Coroll, i. 

57. Hinc iterum finus anguli exprimi potefl: ponendo 

w — w/ loco w, prior quidem expreffio dat eam ipfam quam 
jam invenimus, at ex pofteriori nafeitur. 

ffi 3»— r 11» \ — 

fin ^ 2« ^ “ /5 ^z (i— Z J *» 

3 « — 3« — 1: aff S — 

/z H (i-* J 
Coroll. 2. 

58- Quemadmodum tres expreffiones pro finu habemus, ita 
ad duas expreffiones pro cofinu inventas tertia accedet ex 
fecunda expreffione finus, qux dabit 

~ . 7?i a« >— 

2 cof ^ J « T — (»-* > ■» 

i77—i a» \ — n 

/z (t— J6 / »~ 

Coroll. 3. 

59, Hinc igitur innumerabilia paria formularum integralium 
cafu quo z — 1 inter fe comparari poterunt, hatque com- 
parationes pendebunt a multife&ione anguli. 

Problema. 10. 

60. Invenire expreffiones integrales, quee cafu z ~ 1 tan- 
gentem anguli — tt exhibeant. 

2V 

' Solutio. 

Cum tangens anguli fit quotus ex divifione finus per cofi- 
num ortus erit ex §. § 43 & 44; 


tang. 


_ m m 21J—M 2 w — I — //j 4 ti — m 

tansr. A. 7T — — • — ; — * • - — ; — • 

® 2n n—m n— f — m 3 n — m 3 11— \~m 

&c. comparetur hxc exprcffio cum lemmate (48), critque 

nzzr»i b — n — Z7 je“«, & k — 211 y unde orietur 

n—l s 20 \ — n-~ w 
Vi /z */z V^I- — Z J~~2n 


tang A. — jt 

° 271 


ft — l 


— m 


C zn N m— 

I — Z ) Tn 

pofico poft utramque integrationem z = 1. 

Deinde ex §.43 elicitur pro tangente ifta expreflio 

;;; ni 21; — m 211 -f - m ah — • n 

tang.A — ■ — * — ; * * ; — • icc - 

° 211 n—m 371 — m 3 ;;— |— m 

ex qua eadem expreflio inccgralis, qux ante invenitur. CXF,. J. 

Coroll. 1. 

61, Ponamus m— 2 & 17—3 erit tangA — V'3, hineque 

z z d 2 


. zz dz 


= / 


(i-* 6 )5- 

fi ponamus z 3 zz v erit zz dz zz? dv , ac proinde 

dvV' 3 „ dv 

f (i — V 2 ) §• 


= f 


(i-t'- 2 ) *e 

Coroll. 2. 

62. Si generaliter ponamus z n — v habebitur 


„ m f dv f I — v v ) 

tangA-r = 7 ' 

a// 


— n— w 


3 » 


/ 1 / r w— 

^ i l ~ vv ) *TjT~ 

d V 

-m ZZ J 


m 


tang A. — sr. f, , 

0 2» ^ (I — x.-t>) -- 


flve 
d l* 


/ _ \ »4-*» 

(I — vv) 

' * l B 


Coroll. 3. 


. «0 

Coroll. 3. 

63. Sit m “ 1 , n “ 2 erit tang t “ 1 hincque 

dv „ dv 


f 


= / 


(1— »f) i 


(1— 

qu£ aequatio identica infervit veritati calculi comprobandas. 

Scholion. 

64. Plures hujus generis comparationes inftitui poterunt, fi 
in fubfidium vocentur theoremata circa comparationes for- 
mularum integralium alibi a me demonftrata (Tom. Com- 
ment.X.) unde quadam inftar lemmatum depromam. 

Lemma y. 

* 

6y. Si poft integrationes ubique ponatur am erit 

4—1 4 -\-bc—l 4— I *+r/ — 1 

dz j z dz 


f 


dz 


J: 


* -\-bc — I 

z . dz — y z 


(i — zb ) 1-f 


(i— zi>) i-y - (1— **) l ~y 

Lemma 6. 

66. Si poft integrationes ponatur zm erit 

*( 4 “ *)-* b c b * -i-bfr 

^ i l ~ z ) • fz dz (i— z ) 

C — J— t b ( 2— k )— I b b b (t+M-*)— 1 b ~l—k 

fz dz (l-z E ) . /z dz (l—z ) 

Lemma 7. 

67. Si poft integrationes ponatur z—i erit 

* — b —i -Z-k a ~\ 1 £ — 4 — A 

■ *.__ /» . <h.(l-z ) . fz y,(i -, 8 ) *■* 


f — 1 


/3 dz(l-Z ) ,f Z dz(l-Z ) 

Lemma $. 


Lemma 8- 


68. Si poft integrationes ponatur z zz t erit 

I/. i tv , L - t /. It 


£ c i(i— i £ c H~ ^ 


v v kj — i ^ 

/„-i_ i )(„_<. +i ) /» dz (■-* ) -fi ^ c«~* ) 

; , 7777 , /, — 7^ — *(!-*)-« ^ - 6(H-A)-t i 


\Zin±l >_ 1 ; — 77377 - ■ r ! — — 

(M-l)(H-H-l) j- z ' Va (l— * )“./* ’ ' ' Jz(t-z ) 

THEOREMA. 3. 

69. Si poft integrationes ponatur z — 1 erit 


/- 


m~ 1 

z dz 


/ 3 °V 

cof A 

2 n m~l 


/- 


n — 1 

z dz 


2W"\1— C 
1 —Z ) 


f- 


m-j-inc— 1 

dz r z dz 

/ c — 

1— c J a» a »-J-w 


a» \i — c J a»”\ »-i- 

l—Z J (l-Z J~Ti 


(l-z J (1- 

Dem onftr atrio. 

Si enim in lemmate y. ponamus a ~ m\ b — 2 tr,Sc yzZ 

a— 1 w— 1 

n ~ m c. Z dz Z dz 

— fit / — — = J- 


2/; 




> 


2*\* 
i— s y” 


r~f-m 

2 * 


At per §.. 56. cft ^ dz _ _j 


a»V 

y 


n— f—m 


7 - 


m—i 

z, dz 


cof A — % . 


l—z J 


qui valor in lemmate fubftitutus dabit aequalitatem, quam 
demonftrari oportebat 

Coroll. r. 

7 °- Inefl in hac arqualitace exponens indefinitus r, quem pro 
arbitrio determinare licet; fit igitur c zr i ; & quia nume- 
rator & denominator fa&orem habent communem, erit: 

R eof 


QOfs? X. fz dz 

2 n J 


n -1 

fz dz 


2 

(i— s V (i-z J 

Coroll. 2. 




71. Si in formula /*- ponamus 2”zry «bit ea in 

9 1 n\ 

V(i-z J 

cujus integrale polito z — i feu v zz i erit 


i . dv 
.7 i 


11 J V (i — vv) 

7 T 

— - . Hanc obrem erit 

271 


I- 


Jz — 


7T 


1 — 2 J' 


i-n-hwr 


a» 


2//cofA-^i- x 
2 n 


poflto Z ~ l. 


Coroll. 3. 


J2, Si ponamus z — 


u 


t , ut loco variabilis z in- 


f in 


2n\ 

( I — f— U Jl 

troducamus u\ eritque ~ — o fi u —q , at fit z — i fi u 
— oo . Quamobrcm fa&a fiubffitutione erit 

Ti-^-JTl — I 

u d u — 


7 T 


29 


2 neo 

271 


f~ 

I — j — U 

poflto poft integrationem ar ». 

Coroll. 4. 

73. Si in §. 29. loco n ponamus %n erit 


/T 


2 72 fin A — 7? 

2 tt 




m — i 

fz “M 


in 


Jz fi pofi integrationem fiat * “ i. 


i-f-z 

Quod fi ergo pro m fcribatur »— m fiet 

«—«—I «-f-W— I 


” =/- 


dz , pofito poft in- 


2 H COf A -7T " 'in 

2n H-* 

tegrationem z “ i , quod ergo integrale' aequatur huic 

. «-Hw— i 

u du 

J — fi ponatur » zz ». 


i-j— « 

THEOREMA. 4. 

74» Si pofi integrationes ponatur «zi, erit 

3 / 7 — I 

JC dz 


2C0f A. — 1S.J- 
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duttum ergo harum duarum formularum integralium cafu 
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Scholion. 

85. Hujusmodi theorematum ex formulis integralibus pro 
finu, cofinu & tangente inventis ope lemmatum 5, 6, 7 & 8 
tanta multitudo deduci poteft, ut iis capiendis integrum volu- 
men non fufficeret. Aperto autem fonte quilibet , quantum 
libuerit, inde haurire poterit. Complures quidem occurrunt 
cafus, uti vidimus, quibus vel ad aquationes identicasvel 
ejusmodi, quae facile eo reducuntur, pervenitur, hique ca- 
fus veritatem reliquorum theorematum eo magis confirmant, 
in quibus ratio aequalitatis non pcrfpicitur. Sic in aquatione 
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Num. III. 

Ejusdem 

De Inventione Integralium fi poft 

integrationem variabili quantitati deter- 
minatus valor tribuatur. 

Lemma 1. 

1. Tnvenire fummam feriei recurrentis 
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quilibet terminus ex duobus praecedentibus ita for- 
matur Ut fit C ~ w B — j— n A, D ~wC — j— n B y &c. 

Solutio. 

Quo folutio latius pateat, multiplicemus fingulos terminos 
per terminos progreflionis geometricae, ut habeamus hanc 
feriem : 
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